Introduction.
In [7] , Harrell and Karlovitz call a Banach space flat if there exists on the surface of its unit ball a curve of length 2 with antipodal endpoints. They observe that L (/x), where \i is Lebesgue measure on the unit interval, is flat, but that <t (K Q ) is not. They had shown earlier [6] that a flat space is not reflexive, and that C( [O,1] ) is flat. In [12] , Schaffer showed that L (\i) for a general measure space is flat if and only if \i is not purely atomic.
Continuing the investigation of the flatness of "classical" spaces, we are led to consider the space C(K) for a compact Hausdorff space K, and, more generally, the subspace C (K) of those functions that are skew with respect to an involutory automorphism a of K .
The purpose of this paper is to give a complete account of which C (K) are flat: in terms of the topology of K, they are exactly those for which there exists a non-empty *The work of the authors was supported in part by NSF Grants GJ580 and GP19126, respectively. [2] dense-in-itself set in K not containing fixed points of cr • The flatness of C (K) can also be characterized o in terms of the geometry of its dual: in particular, C (K) is flat if and only if its dual is flat.
These various characterizations yield a similar account for C(K) itself and for C (T), the space of continuous functions vanishing at infinity on the locally compact Hausdorff space T . Among other results concerning spaces congruent to some C (K) we note the fact that every infinite-dimensional space L 00 (jz) is flat.
The spaces C (K) are discussed and characterized cr by their metric properties in [2; pp. 87-96], an account of work due in the main to Jerison. Lindenstrauss [8] proposes an interesting definition of "classical Banach spaces in the isometric sense"; he points out that they turn out to be exactly the Banach spaces congruent to Ii (JU) for 1 ^ p < OD , together with those whose dual is congruent to some L (ju) . Now the lP{\i) are reflexive, and therefore not flat, for 1 < p < <x> ; and the L were classified as to their flatness in [12] . The spaces C (K) are important instances of spaces with duals conc gruent to L -spaces, but do not exhaust this class by [3] far (see [9] and references given there for a complete description). It would be interesting to decide which of the remaining such spaces are flat--thus completing the survey of all "classical" spaces--or at least which M-spaces or G-spaces are flat (terminology as in [9] ).
The fragmentary results available on this point are not included here.
The question of flatness of Banach spaces belongs to an area of investigation begun in [11] and continued in other papers, dealing with certain metric parameters of the unit spheres of normed spaces. In another paper [13] one of us shall discuss the values of these, viz., the inner diameter, the perimeter, and the girth, for all the spaces treated here.
Thanks are due to S. P. Franklin, D. J. Lutzer, V. J. Mizel, and K. Sundaresan for their helpful suggestions.
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2. Preliminaries.
If X is a normed space, a subspace of X is a linear manifold of X (not necessarily closed), provided with the norm of X . A congruence is an isometric isomorphism of one normed space onto another.
A curve in X is a "rectifiable geometric curve" is also a Banach space. We set T ff = [teT : at ^ t} the [5] open set of points not fixed by <j , and observe once and for all that
If T is locally compact, C Q( T ) denotes the closed subspace of C(T) consisting of the real-valued continuous functions on T that vanish at infinity. If a is as before, we set C_ (T) = C^Cr) n C (T) .
We summarize a useful remark for the study of C^(K) , K compact, in the following lemma. 
and f (OD )= 0 _is_ ^ congruence.
Proof. Immediate from the definitions and (1).
[6]
A Hausdorff space T contains a largest dense-initself subset; this set is closed and is called the perfect core of T . A space is scattered if its perfect core is empty. PeJczynski and Semadeni [10] have given a great number of equivalent conditions for a compact space K to be scattered, and especially some involving C(K) and (C(K))*. We reformulate for our use three of these conditions. If K is a compact Hausdorff space and t e K, the evaluation functional e e (C(K))* is defined by (f,e t > = f(t) , f e C(K) . (c)t the linear mapping T :
Proof. [10; Main Theorem, (0), (3), (11)].
3-The main result.
We examine the following properties that a normed space X may have: [7] Before we discuss these conditions as applicable to a space C (K) , we look at a special case. We define Proof. We define g : 
and find f e C ff (K) , ||f|| = ||f o || , and f(t) = f Q (t), teV .
Such a function f shall be called a skew Tietze extension of f _ .
For every teK, we consider the evaluation functional ef e (C (K))*, (the restriction of e. to C (K)) defined by {f,e^> = f(t) , f e C (K) . The set {a? : teK a } is exactly the set of extreme points cjf the unit ball £f (C (K)) * [2; p. 89].
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4. Lemma. With K, a jas specified, let ja non-empty set P c K satisfy P 0 aP = 0 • Then the linear mapping 1 (P) • (C (K)) * defined by Ty = ^ y(t)e£ r p : I 1 (P) -• (C^ (K)) * defined by T p y = ^ y(t)e£ , yel 1 (P), teP is isometric.
Proof. Obviously, P c K e . Now ||e£|| = 1 , teP , so F is well defined, linear, and bounded, and ||TV>|| £ 1 .
It remains to prove that ||r y|| 2 ||y|| for all y e I (P) , Proof. We add one more statement to the list:
the isometric linear mapping T : (2) x* = I y o (t)e* Let P be any set in K that is maximal with respect to the condition P n a P = 0 (such exist, by Zorn 1 s Lemma) ; then P U a P = K 57 .
We define yet (P) by y(t) = y Q (t) -y Q (at) , teP (so that ||y|| £ ||y o ||).
Then (2) (d) implies (F2) . Let P c K satisfy P (1 a P = 0, P U a P = = K° ; we have just shown that such a set exists.
As noted earlier in this section, the set of extreme points of the unit ball of (C (K))* is (ef : teK 
